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Abstract

The green transition towards a carbon neutral economy constitutes a technological
transformation, in which firms need to invest in new, clean technologies. In order
to be operated, these new technologies often require a set of technology-specific skills
that differ from those that were relevant for dirtier predecessors. We model the green
technology investment decision of firms in a labour market with search frictions and
two-sided heterogeneity. We find that the presence of skill mismatch negatively af-
fects the expected productivity of the new, green technologies, delaying their adoption
and resulting in higher emission intensity in production compared to a counterfac-
tual with no labour market frictions. The induced effect is of first-order, making it
policy-relevant. This slower diffusion of green technologies in the presence of skill het-
erogeneity results in workers with green skills being locked in brown jobs. We also find
that an accelerated greening of the economy leads to larger labour market transitions.
More specialised new technologies further reinforce these effects, and so does a slower
pace of technological progress. Finally, our model results suggests that retraining poli-
cies are a useful policy tool both in the absence as well as the presence of a carbon tax
or investment subsidies.
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1 Introduction

To mitigate climate change, economies need to rapidly reduce their carbon footprint. Such a
transition requires investing in new, low-carbon technologies, turning brown jobs green (Rieff
and Peschner, 2019; Montt et al., 2018). These green technologies often require different sets
of technology-specific skills from employees to be operated, compared to the technologies
currently in use. For example, construction workers will need to be able to install solar
panels, maintenance workers need to work with new energy-saving devices, and car mechanics
must handle battery fluids instead of engine oils. Hence, firms that have to invest in new,
environmentally-friendly technologies might have to retrain their employees or search for
new hires. ILO (2018) indicates that, globally, 25 million green jobs are expected to be
created in the green transition, where around 20 million of these jobs potentially require
retraining of workers. In this paper we study how the decision by firms to adopt new, green
technologies and the existence of firm-worker skill mismatch interact in a labour market with
search frictions and imperfect skill sorting.

We build on Hornstein et al. (2007) and Gautier and Teulings (2015) and model the
interaction between firms’ green technology adoption decision and two-sided heterogeneity.
In doing so, we assume that available technologies become more energy efficient, or ‘greener’,
with time and study their diffusion across the economy. In our baseline model, skills are
not in aggregate shortage, but are sorted imperfectly. Hornstein et al. (2007) set up a
search and matching model with a vintage capital structure and sunk investments that
leads to heterogeneous firm productivity and vacancies. In our model, we interpret these
capital vintages as technologies with higher energy efficiency, as in Mulder et al. (2003), and
extend their model to include two-sided heterogeneity. Following Gautier et al. (2010) and
Gautier and Teulings (2015), the skill mismatch between the production technology used
and the worker, decreases productivity. Hence, green technology investments come with a
risk: incumbent workers might not have the appropriate technology-specific skills for the
new technology.

We show that imperfect skill sorting slows down the decarbonisation of the economy.
Due to search frictions and skill mismatch there is a quantitatively significant increase in the
distance of technologies-in-use from the frontier, on top of the one observed in Hornstein et al.
(2007) due to the presence of sunk investments. More than half of this effect is attributable to
imperfect skill sorting. It is larger when technological progress is slow, new energy efficiency
technologies are more specialised, or labour markets are tighter. The underlying mechanism
is that expected skill mismatch reduces the expected productivity of new green technologies,
as the firms must take the cost of retraining or looking for a new worker into account. Hence,
the incentive to update the old technology is lower and, therefore, firms delay investment in
clean technologies. As a result, workers that have the skills to operate green technologies
are locked in brown jobs.

Although the increased distance from the technological frontier induces a level, rather
than a pace, effect on green technology diffusion, it is of great importance. The reason is
that the green transition is not an indefinite process but one in which the total emissions
over a finite period of time are of importance. Therefore, a larger distance from the tech-
nological frontier translates into higher emissions intensity in production during the green
transition and, therefore, worse climate outcomes. The extension of our model that accounts
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for aggregate skill shortages indicates that our baseline estimates are a lower bound of the
effect labour market frictions can have on the green transition.

Finally, we study various relevant policy measures. In many countries, subsidies for green
technology investments are made available to firms: in our framework, a subsidy reduces the
effect that sunk investment costs have on the adoption decision, but does not address the
labour market frictions and skill mismatch. In addition, we study the effect of a carbon tax
within our framework. We find that it stimulates investment in green technologies but, again,
without addressing skill sorting directly. The carbon tax, however, increases unemployment
duration and the unemployment rate. Hence, we also discuss how a policy mix addressing
both climate and firing externalities may need to include retraining policy both in the absence
and in the presence of a carbon tax. When a carbon tax has not been implemented, retraining
can also accelerate decarbonisation. When it has, retraining is needed to reduce the firing
externality of faster technology adoption, which results in lower political acceptability of
climate change mitigation policies (Vona, 2019).

This paper builds on the theoretical literature of technological change, technology adop-
tion and labour market outcomes, and applies it specifically to the green transition. His-
torically, concerns regarding job losses due to technological change have been persistent.
Using search and matching models for the labour market, Mortensen and Pissarides (1998)
study how technological change affects the amount of jobs, and Acemoglu (1998) shows that
an increasing supply of skills can induce skill-biased technological change. Hornstein et al.
(2007) use a capital vintages framework in a search and matching model and explain differ-
ences between the U.S. and EU labour market. More recently, the focus of labour economics
studying technological change has shifted towards a task-based approach. Acemoglu and Re-
strepo (2018) use such an approach to model automation, while Duernecker (2014) studies
investments and skill shortages that affect productivity. In our paper we build a framework
that describes the interaction of new technology adoption and skill mismatch in a labour
market with frictions.

In particular, we study the green transition: new technologies or capital vintages are more
energy efficient than the older ones, allowing us to study the green technology adoption
decision of the firm. This approach can help understand the so-called ‘energy efficiency
paradox’ or ‘gap’ as described by Jaffe and Stavins (1994) and Hirst and Brown (1990):
firms do not exploit all privately-profitable energy efficiency investments available to them
based on a simple net present value analysis, considering only the direct energy costs saved
due to the investment. Various studies, such as Solnørdal and Foss (2018), Backlund et al.
(2012), and Sorrell et al. (2006) have investigated this gap by studying various barriers to
investing in energy efficiency technologies, where competence and skilled staff play a role.
In the Investment Survey of the EIB (2020), about 70% of surveyed EU firms indicate that
the availability of skilled staff is an obstacle to investment in new technologies. Our work
points out that imperfect skill sorting is an additional factor with a first-order effect on the
speed of decarbonisation.

Finally, our study provides new insights on the labour market effects of the green transi-
tion. Various papers have studied the emergence of new green jobs (Garrett-Peltier, 2017),
and the required green skills (Consoli et al., 2016; Tyros et al., 2023). At the same time,
Vona et al. (2018) show that the general transferable green skills, required by green jobs, are
not necessarily in aggregate shortage. In most broad occupation groups, workers in brown
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jobs have the necessary general transferable skills to undertake green jobs. This indicates
that skill sorting, and not only aggregate skill shortage, is an important factor giving rise to
mismatches between incumbent workers and newly adopted green technologies. Our model
shows how the pace of green technology adoption affects labour market transitions, or the
amount of people moving between employment to unemployment. This is crucial as such
labour market outcomes can affect the political acceptability of the green transition (Vona,
2019).

The rest of the paper is structured as follows. In Section 2 we present the baseline green
technology adoption model. Next, in Section 3 we calibrate the balanced growth path and
disentangle various effects on the delay of green technology adoption. Additionally, we ex-
tend the model and show that our baseline result qualitatively still holds. In Section 4 we
study relevant policies: investment subsidies, a carbon tax, and retraining policy. Finally,
in Section 5, we conclude.

2 The Baseline Model

We set up a search and matching model in the style of Mortensen and Pissarides (1994),
describing a labour market with firm and worker-skill heterogeneity (Gautier et al., 2010),
labour market frictions, and technologies-in-use of various ages using a capital vintages
approach (Hornstein et al., 2007). We use this model to study the green transition as a
technological transformation1 in which the new greener technologies can require different
technology-specific skills than the old technologies. We focus on skill sorting (not shortage)
as workers in brown jobs mostly have the necessary general transferable skills to undertake
green jobs (Vona et al., 2018). Greener technologies exogenously become available over time
and we study their diffusion throughout the economy.

Production Production requires pairing a firm that owns capital of a certain technology
with a worker, and yields a homogeneous output good. In every period, new, greener tech-
nologies become available, but are not necessarily instantaneously adopted by all firms. The
productivity of a firm-worker match depends on the age of the technology-in-use and skill
mismatch, x,2 between the specific skills required to operate the technology and the worker’s
actual skills. We assume no substitution possibilities between energy and capital, that is,
full complementarity. Thus, energy use in production is directly linked to the productivity
of the technology embodied in the capital of the firm.

At time t, a firm using a technology of age a has k(t, a) efficiency units of capital. The
productivity of a firm-worker match with skills gap x is a share f(x) of the productivity of
an optimal match.3 Following Hornstein et al. (2007), the level of disembodied technology
productivity, z(t), grows at rate ψ, and energy efficiency or technological change embodied

1The framework is generalised in Appendix A.4 to describe technological transformations more generally.
2That is, there are no workers with an absolute advantage, but every worker has a relative advantage

over certain jobs.
3We assume that the skills gap and its effect on productivity is independent of the technology’s age, and

does not change over time.
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in new technologies grows at rate η. Thus, the firm’s production function is:

y(t, a, x) = f(x)z(t)k(t, a)ω

= f(x)z0e
ψt
[
k0e

η(t−a)e−δa
]ω
,

(1)

where δ denotes the depreciation of capital and ω its output elasticity. At the balanced
growth path (BGP) the economy grows at a rate g = ψ+ωη and productivity of the newest
available technology increases at an effective rate of ϕ = ω(η+δ) (see Appendix A.1.1 for the
full derivation). The price of the produced good is normalised to 1 and all units henceforth
are normalised to the productivity of a perfectly matched new technology of age zero.

Following Gautier et al. (2010), we use a second-order Taylor expansion of f(x) around
x = 0. Therefore, the normalised productivity of a worker-firm match on the balanced
growth path that uses a technology of age a and has a skills gap x is given by

y(a, x) = e−ϕa
[
1− 1

2
γx2

]
x ∈ [0, 1/2], (2)

where the linear term of the expansion disappears as f(0) = 1 is a maximum. The parameter
γ is interpreted as the specialisation of the technology, i.e. how important the skills gap is in
production. When γ = 0, skills become irrelevant, therefore our model reduces to the model
of Hornstein et al. (2007). Figure 1 illustrates the productivity of a match for various (a, x)
combinations. The reduction in relative productivity, as the technology ages, captures the
fact that old technologies are relatively less productive than the new ones because they are
more energy-consuming.4
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Figure 1: The production function of a match for various values of x and a, for γ = 1.8 and
ϕ = 0.03.

4Another possible interpretation is that brown goods produced with old technologies decline in relative
demand compared to green goods.
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Balanced Growth Path Our analysis focuses on the balanced growth path (BGP) of our
model. Although the inclusion of transitional dynamics would offer a more precise picture of
the green transition, focusing on the BGP allows for a more clear and quantifiable exposition.
Moreover, the bulk of the green transition (outside its starting and end point) can be seen
as a BGP where new green technologies are invented an adopted at a certain pace.

Skills Following Gautier et al. (2010) and Gautier and Teulings (2015) the skills of workers
and those required by firms are uniformly distributed on a circle of unit circumference, i.e.
x ∈ [0, 1/2]. This formulation implicitly assumes that there is no aggregate skill shortage
in the economy, but that as a consequence of search frictions imperfect skill sorting arises.
This is due to the fact that, given that meeting workers is a time consuming process during
which no output is produced, firms are willing to hire workers that are not a perfect match
for their technology, instead of searching for longer.

To make this clear it is important to differentiate between two types of skills. The
first type consists of the general, transferable skills such as general engineering knowledge.
General skills are not (to a very large extent) in aggregate shortage in the green transition,
as Vona et al. (2018) show that most workers in brown jobs do have the necessary general
skills to undertake green jobs. That is, the green transition is, largely, not skill-biased.
They call these ‘green skills’ and group them in four categories: engineering and technical,
operation management, monitoring, and basic science skills. The second type consists of
the technology-specific skills, which give rise to the skills gap, x, between the worker and
the firm. These skills are the ones required to undertake specific technology-related tasks.
General skills facilitate those, but do not guarantee a good match with the technology-
specific required skills. For example, a petroleum engineer does have the necessary general
skills to undertake hydrogen engineering tasks due to their education and job experience but
might be missing certain hydrogen-specific skills needed to transition to such a job.

In terms of modelling, the fact that workers in brown jobs have the general skills that
green jobs require, implies that there is no aggregate skill shortage and that new green
technologies have the same technology-specific skill distribution as brown ones do. Hence,
the technology draw of firms, when they invest in a new technology, is taken from a stationary
skill distribution. That is, the uniform unit circle is independent of the age of the technology.
In Section 3.3 we extend our baseline model to also include aggregate skill shortage and show
that our qualitative baseline results still hold and are a lower bound of the effect of labour
markets on the green transition.

Timing The timing of the production process is as follows:

1. Entrant firms pay I to purchase capital of the newest available technology, i.e. a = 0.
In what follows, these costs are sunk.

2. Firms with new and old technologies search for workers. Old firms use technologies of
age a > 0.

3. Workers and firms randomly meet at a rate λ = λ0u
av1−a per worker, where u denotes

the unemployment rate and v the vacancy rate. We use θ = v/u to denote labour
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market tightness. Before meeting, the firm does not know the technology-specific skills
of the worker and the worker does not know the skills required by the firm nor the age
of its technology.

4. After the meeting takes place, the skills gap x and the technology age a are observed,
and the worker is employed by the firm if the match surplus is positive.

5. If matched, the worker-firm pair bargains over the match surplus. Given the mono-
tonicity of productivity on a and x there is an age dependent reservation skills gap,
x(a) (decreasing in a), with workers and firms accepting all matches with x < x(a).5

6. Workers start producing a stream of output y(a, x) right after the match is formed.
Over time, the technology ages (a increases) and thus becomes less productive relatively
to the newest available technology.

7. Matches are exogenously destroyed at rate σ and endogenously destroyed when the
technology reaches the reservation age a(x) = x−1(x) (i.e. the technology age at which
the match surplus reaches zero).

8. After a match is destroyed, the firm retains its technology and searches for a new worker
if and only if a < a∗. The scrapping age a∗ = a(0) is the maximum age at which a
match can be profitable. Beyond this age, the firm costlessly scraps its technology and
exits the market.

9. If a matched technology reaches a = a∗ the match is endogenously destroyed and the
firm exits the market.

10. The firm can re-enter the market by purchasing a new technology and hiring a new
worker.

Importantly, in this baseline model firms always search for a new worker after updating
their technology. In Appendix A.4 we extend the model to allow firms to retain their worker
while updating their technology.

Value functions Following Hornstein et al. (2007), the flow value of employment at a firm
that uses a technology of age a and has a skills gap of x, V E(a, x), is given by

ρV E(a, x) = w(a, x)− σ[V E(a, x)− V U ] + V E
a (a, x), (3)

where w(a, x) is the wage, the second term on the right-hand side is the expected loss from

exogenous job destruction, and V E
a (a, x) = ∂V E(a,x)

∂a
is the change in the value of employment

due to the ageing of the technology.
The flow value of unemployment, V U , equals the level of unemployment insurance benefits

and/or home production, B, plus the expected gain from finding a job

ρV U = B +
λ

u

∫
Ω(a∗)

[V E(a, x)− V U ]dF (a, x), (4)

5Under the Nash bargaining solution, every decision is jointly taken and hence privately efficient. There-
fore the reservation skills gap is identical for the firm and the worker.
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where F (a, x) is the distribution of meetings over a and x and Ω(a∗) its support, as shown
in Figure 2.

The reservation skills gap x(a) is the point beyond which a job offer is not accepted by
the worker as it does not pay more than his/her outside option

ρV U = ρV E(a, x(a)). (5)

The flow value for the firm of a filled job that uses a technology of age a at a skills gap
x, V J(a, x), is given by

ρV J(a, x) = y(a, x)− w(a, x)− σ
[
V J(a, x)− V V (a)

]
+ V J

a (a, x), (6)

where the flow value of an open vacancy, V V (a), is given by

ρV V (a) =
2λ

v

∫ x(a)

0

[
V J(a, y)− V V (a)

]
dy + V V

a (a), (7)

where λ/v is the probability that a vacancy meets a worker. Finally, given free entry, firms
enter in the market up to the point where the value of a vacancy with a new technology
equals the entry fee

V V (0) = I

⇒ vρI = 2λ

∫ x∗

0

[
V J(0, y)− I

]
dy + V V

a (0).
(8)

This means that all expected firm profits in the economy are spent on new technologies.
Finally, firms and workers bargain over the division of the match surplus using Nash

bargaining

w(a, x) = argmaxw
[
V E(a, x)− V U

]β [
V J(a, x)− V V (a)

]1−β
, (9)

where β is the bargaining power of workers. Given that ∂V E

∂w
= −∂V J

∂w
= 1 the surplus is

divided as

β
[
V J(a, x)− V V (a)

]
= (1− β)

[
V E(a, x)− V U

]
, (10)

which determines the wage function, w(a, x).

Distributions g(a, x) denotes the joint distribution of a and x in existing matches, and
f(a, x) the distribution in worker-firm meetings in every period. Technology-specific required
skills and worker skills are uniformly distributed on the unit circle independently of a, hence
for a given a the skills gap distribution in a meeting is uniform as well:

f(a, x) = m(a) · 2, Supf = {0 ≤ a ≤ a∗} × {0 ≤ x ≤ 1/2}, (11)

where m(a) is the age distribution of technologies in meetings. In a meeting, workers accept
all offers with x ≤ x(a). Hence, at a given a, matches are also uniformly distributed up to
x(a):

g(a, x) = g̃(a) · 1

x(a)
, Supg = {0 ≤ a ≤ a∗, 0 ≤ x ≤ x(a)}, (12)
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where g̃(a) is the age distribution of matched technologies.
Figure 2 shows schematically the support of f(a, x) and g(a, x). The age of the oldest

operating technology is a∗ = a(0) and x∗ = x(0) the largest skills gap in existing matches.
The intersection of the two supports denotes accepted job offers, while the remaining support
of f(a, x) denotes the rejected ones.

Figure 2: The support of the distributions f(a, x) and g(a, x)

F̃ (a) denotes the share of meetings in each period that lead to a match with a technology

age below a, and G̃(a) the share of existing matches with technology age below a

F̃ (a) =

∫ a

0

[∫ x(b)

0

f(b, x)dx

]
db,

G̃(a) =

∫ a

0

[∫ x(b)

0

g(b, x)dx

]
db.

(13)

The corresponding density function of G̃ is g̃ and of F̃ is given by

f̃(a) =
dF̃ (a)

da
= 2m(a)x(a) = f(a, x)x(a). (14)

Inflow-outflow equations There are two inflow-outflow equations that hold along the
BGP. First, the age distribution of technologies-in-use must be constant over time. This
implies that the amount of new technologies entering in a time period equals the amount
being scrapped. Second, the age distribution of matches must be constant over time. Thus,
the amount of workers leaving unemployment to start working with technologies of a certain
age equals the amount of workers losing such a job.
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The inflow-ouflow equation of technologies in the market with age below a reads

vm(0) = vm(a) + (1− u)g̃(a), 0 < a < a∗. (15)

It states that at the BGP the inflow of technologies-in-use with age below a equals the
outflow. The left-hand-side denotes that the inflow equals the number of vacancies with
a = 0 (i.e. the number of new technologies purchased). The first term on the right-hand-
side is the rate at which technologies in vacancies age beyond a, and the second term is the
outflow rate of matched technologies that age beyond a, as explained in Appendix A.1.2.

Next, the inflow-outflow equation for matches with a technology age below a reads

λ

1− u
f̃(a)− σg̃(a)− e(a) = ˙̃g(a) (16)

⇒ λF̃ (a) = (1− u)
[
σG̃(a) + g̃(a) + E(a)

]
, 0 < a ≤ a∗. (17)

The left-hand side is the inflow of matches with a technology age below a, given by the
product of total number of meetings and the share of meetings that lead to a match with
technology age below a. The right-hand side denotes the outflow due to exogenous de-
struction, ageing, and endogenous destruction. The endogenous destruction distribution, as
derived in Appendix A.1.3, is given by

e(a) = − g̃(a)
x(a)

dx(a)

da
. (18)

Balanced Growth Path Equations (5), (8), and (17) characterise the BGP of the model
{u, v, a(x)}. In Appendix A.3 we present how we numerically solve these equations and
calculate the BGP.

3 Balanced growth path analysis

We numerically solve6 the system of equations which results in the balanced growth path
(BGP) {u, v, ā(x)}. The model is calibrated to the U.S. labour market, and we use it to
produce comparative statics that describe the behaviour of the BGP of the economy for
different values of some important parameters

3.1 Calibration

The calibration of the model requires values for 11 parameters: ρ, δ, ω, η, σ, β, B, I, λ0,
a, and γ. For some of them we use estimates from the literature, while for others we target
certain endogenous variables to calibrate them, based on Hornstein et al. (2007) and Gautier
and Teulings (2015). Table 1 presents the former, and Table 2 the latter. We calibrate the
model to the U.S. labour market and the values presented are on a per-year basis.

6The Matlab code is available upon request.
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Table 1: Externally calibrated values

Parameter Description Value

γ Specialisation 1.8
ρ Discounting 0.02
η Capital-embodied energy efficiency 0.013

or technological change
ω Capital income share in production 0.3
a Cobb Douglas parameter matching function 0.5

Table 2: Calibrated parameter values

Parameter Description Value

λ0 Matching efficiency 6
δ Depreciation rate 0.13
β Worker bargaining power 0.9
σ Exogenous separation rate 0.03
I Investment costs 1.9
B Unemployment benefits replacement rate 0.05

With regards to the chosen parameters in Table 1, the specialisation parameter, γ, is taken
from Gautier and Teulings (2015), and is based on the elasticity of complementarity between
high- and low-skilled workers estimated by Katz and Murphy (1992). The parameter ϕ =
ω(η+δ) is a combination of the capital income share in production, ω, the depreciation rate, δ,
and the productivity, or energy efficiency, growth embedded in the capital technology, η. The
capital income share, ω, is set to 0.3, in line with standard calibrations of macroeconomic
growth models (e.g. Gomme and Lkhagvasuren, 2013). As we interpret η as the rate at
which capital energy efficiency grows, it is expected to be smaller than the total capital
embodied technology growth used in Hornstein et al. (2007). When considering energy
efficiency improvements, the IEA (2021) report finds an annual rate of 1.3%. To achieve
a Net Zero climate policy scenario, however, average yearly energy efficiency improvements
need to be around 4%. For our main BGP calibration we consider the 1.3% value for
the technological progress of available technologies and study the implications when this is
increased to 4%.

Figure A.2 presents data from the U.S. Bureau of Economic Analysis on the average age
of industry assets over time. It is evident that energy-intensive sector assets are used for a
longer amount of time. Thus, we take the average technology age of the energy-intensive
sector, ã =

∫ a∗
0
ag̃(a)da, to equal 7.5 years, which fixes the depreciation rate, δ = 0.13. Due

to the sunk investment costs, to obtain this average technology age in the distribution of
operating machines, the investment costs are set such that the realised average age equals

10



7.5. The other parameters are set to match certain empirical outcomes: a vacancy duration
of 4-5 weeks (Andrews et al., 2008; Bassier et al., 2023), an unemployment duration of 4-5
months and an unemployment rate of 6% (see Figure A.1). For β and B we follow Hornstein
et al. (2007).

The resulting balanced growth path is presented in Table 3. Here, a∗CE is the com-
petitive equilibrium scrapping age, that is, when there are no labour market frictions and
firms can immediately find a worker which they pay the marginal product of labour (see
Appendix A.1.4).

Table 3: Resulting BGP for main calibration

u v unemployment vacancy λ
v

a∗ a∗CE
∫ a∗
0
ag̃(a)da

duration duration

0.06 0.04 4.6 months 6 weeks 8.1 15.2 11.4 7.5

3.2 Decomposition

In this subsection we study the balanced growth path of the model and uncover the interac-
tion between labour markets and decarbonisation.

Green skills locked in brown jobs First, we investigate the effect of labour market
frictions on the BGP. Frictions are quantified by the meeting technology efficiency, λ0, where
a larger value indicates fewer frictions. As λ0 decreases, it becomes more difficult for firms
to find a worker that matches the skill requirements of new technologies. As a result, the
expected profits of updating their technology decline, making the continuation of production
with the old technology more attractive. As a result, the scrapping age (the maximum age
for which a technology is used by firms), a∗, increases. Figure 3 presents the age distribution
of matched technologies for three values of λ0. The λ0 = ∞ case corresponds to a perfect
competition frictionless market, where new technologies are instantaneously matched and all
firms use their old technology until the scrapping age a∗CE.

As frictions increase, firms with new technologies need some time to find a suitable match,
indicated by the gradual increase of g̃(a) close to zero. At the same time, old technologies
whose match is destroyed (either endogenously or exogenously) may never manage to find
a suitable match to re-enter the market, indicated by the gradual decrease of g̃(a) close to
the scrapping age. Workers that have the necessary skills to match with a firm that owns
a new, green technology can, due to frictions, be matched with an old, brown technology.
Therefore, the extension of the lifetime of old technologies locks-in workers with green skills
in brown jobs.

Skill mismatch and the speed of the green transition Figure 3 makes evident that
the presence of frictions extends the lifetime of old, brown technologies. This is the first part
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Figure 3: The age distribution of matches along the BGP for various levels of search frictions.

of the two-way relationship we study, between labour markets and decarbonisation: frictions
slow down the transition. This effect of frictions can be decomposed into a search effect,
related to the cost of waiting for a meeting with a worker, and a matching effect, related to
the cost of not finding a worker that perfectly matches the technology.

Figure 4 shows that the scrapping age of old technologies, a∗ declines, i.e. the pace of de-
carbonisation increases, when the technological progress or energy efficiency improvements η
increases. The faster greener technologies become available, the earlier firms are incentivised
to update their technologies.

Moreover, in the left panel, Figure 4 presents the decomposition of the scrapping age of
technologies in the BGP in three different effects. The sunk investment effect gives rise to
the scrapping age that would be observed in a frictionless competitive equilibrium. This is
obtained by setting λ0 → ∞. The search effect is estimated by setting γ → 0, i.e. its size is
given by a∗(γ = 0, λ)− a∗(γ = 0, λ→ ∞). Finally, the matching effect is the residual up to
the observed scrapping age, i.e. its size is given by a∗(γ, λ) − a∗(γ = 0, λ). The total effect
of frictions is quantitatively significant: in our calibrated BGP it increases the scrapping age
of technologies by roughly 35%. Moreover, roughly 2/3 of this attributed to the presence of
imperfect skill sorting.

Finally, the right panel of Figure 4 presents the same decomposition, but for a higher
level of specialisation. It shows that if green technologies are more specialised, the matching
effect is stronger. This is a result of the fact that more specialisation makes it harder to find
a good match for the green technology. This extends the use of the brown, older technologies
in production further.

12



0.01 0.02 0.03 0.04 0.05 0.06
0

2

4

6

8

10

12

14

16

18

20

0.01 0.02 0.03 0.04 0.05 0.06
0

2

4

6

8

10

12

14

16

18

20

Figure 4: The scrapping age of technologies decomposed into the effects due to sunk invest-
ment costs, search, and skill mismatch, for different values of η and γ.

Decarbonisation and labour market transitions Figure 5 presents labour market
transitions in the BGP of our model. λF̃ (a∗) denotes the inflow of workers into employment
due to new matches, which in equilibrium equals the outflow, hence, the equilibrium labour
market transitions. The x-axis denotes the rate of technological progress or energy efficiency
and the y-axis the total labour market transitions. The two dotted lines present different
levels of specialisation. The figure shows that a higher level of specialisation, γ,results in more
transitions on the BGP. This is due to the fact that a more specialised firm experiences more
difficulty to find a good match for its technology. Hence, matches are destroyed endogenously
more often as technologies age, and firms look again to hire a different worker. As a result,
the unemployment rate also increases.

It also shows that as the productivity, or energy efficiency, growth of available new
technologies, η, increases, so do labour market transitions. This is because a higher pace of
technological advancement leads firms to update their technology more often, as shown in
Figure 4. To do so, they have to search for new workers, as the skill requirements of the new
technology are, often, different from those of the old one. As a result, the unemployment
rate is higher and the vacancy rate lower. More specifically, reaching from today’s growth
rate of roughy 1%, to the roughly 4% that is required in order to reach a carbon neutral
level according to the set goals, will cause labour market transitions to increase by roughly
5%.

This constitutes the second part of the two-way interaction: an increased pace of the
green transition will lead to higher labour market transitions, in order to reallocate existing
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skilled workers to the jobs that need them.
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Figure 5: In- and outflow of employment along BGP for various values of η and γ.

3.3 Extensions

In Appendix A.4 we extend the model presented in Section 2 to account for more ways in
which green technology adoption can interact with labour market frictions: the option of re-
taining the worker when updating, aggregate skill shortages and skill-biased technical change.
As such, the model can also describe the interaction between technological transformations
and skill mismatch in general, and not only for the green transition.

Here, we focus on two extensions that are relevant for the main results of our analysis.
First, we consider worker retraining which can directly affect the skill mismatch in produc-
tion. We represent retraining in the model as a percentage decrease of the skill mismatch,
quantified by the retraining parameter ζ

y(a, x) = e−ϕa
[
1− 1

2
ζγx2

]
.

This is equivalent to a reduction of the specialisation of jobs by a factor ζ. As seen in
Figure 4 and Figure 5, this shrinks the matching effect on the scrapping age and reduces
labour market transitions, as the matching process becomes more efficient.

14



Second, we analyse how our results change in the presence of aggregate skill shortage,
on top of imperfect skill sorting. As discussed in Appendix A.4.3, the effect of skill shortage
would be calibrated in the absence of labour market frictions. As such, the search and
mismatch effects we have unveiled remain unaffected while the sunk cost effect declines in
favour of the new shortage effect. As such, our estimations for the role of skill heterogeneity
in the speed of the green transition constitute a lower bound, hence our main prediction of
a first-order effect due to imperfect skill sorting is robust. Figure 6 is a simplified version of
Figure 5 where we focus only on the decomposition of the scrapping age into its three main
effects: the sunk investment, search, and mismatch effects. Figure 7 provides a schematic
representation of how the decomposition changes in the presence of aggregate skill shortage,
based on the discussion in Appendix A.4.3.

0 2 4 6 8 10 12 14 16

Figure 6: The composition of the effects in the main BGP calibration.

0 2 4 6 8 10 12 14 16

Figure 7: A schematic representation of the decomposition of the scrapping age of technolo-
gies in the presence of aggregate skill shortage.
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4 Policy discussion

In this section we utilise our framework to investigate how various policies affect the speed of
the green transition and the workers affected by it. The latter is crucial in order to minimise
the distributional effects of climate policy, which decrease its political acceptability (Vona,
2019), and, thus, reduce their effectiveness and weaken the case for further interventions.

We first discuss the common policy that addresses the sunk investment effect, a capital
investment subsidy. Second, we consider a carbon tax, increasing the cost of use of older,
more energy-intensive technologies in production. Finally, we consider policy subsidizing the
retraining of workers.

Investment subsidy Climate policy over the last two decades has largely focused on
directing resources towards subsidising green technologies. This is done to promote their
adoption by lowering the relevant investment costs for firms. A subsidy that is an s share
of the capital investment cost of the new technology, I, changes the Equation (8), the free
entry condition, to

V V (0) = 2λ

∫ x∗

0

[
V J(0, y)− I

]
dy + V V

a (0) = (1− s) ∗ I (19)

Table 4 presents the BGP for a capital investment subsidy of 20%. Labour market
outcomes are similar to our baseline calibration in Table 3, except for the labour market
tightness, which decreases, implying that there are more vacancies available per worker.
The vacancy duration therefore increases. As expected, the scraping age of old technologies
declines as the sunk investment effect is now smaller.

Table 4: Resulting BGP for main calibration with investment subsidy of s = 0.2.

u v unemployment vacancy λ
v

a∗ a∗CE
∫ a∗
0
ag̃(a)da

duration duration

0.06 0.04 4.3 months 6.5 weeks 7.3 13.6 9.8 6.7

Thus, we find that subsidies reduce the sunk investment effect on the speed of adoption.
The increased amount of vacancies and increased entry, however, can result in a higher
energy use in the economy. This follows from the inability of subsidies to price the marginal
price of emissions (see Goulder and Parry, 2008). Meanwhile, carbon pricing is the optimal
instrument to address the externalities of carbon emissions.

Carbon tax A carbon tax prices the negative externality of CO2 and other climate change
inducing emissions. Within our setup, we model it as a tax on producing with an older
technology, which is less energy efficient, and, thus, more polluting. Hence, the profit flow
of a firm on which a carbon tax is levied reads

y(a, x)− ca. (20)
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We set c = 0.02. This is equivalent to a per technology-age year tax of 2% of the output of
a perfectly matched, new technology. The resulting BGP is presented in Table 5, indicating
an increased unemployment rate and decreased scrapping age compared to the no carbon
tax case in Table 3. The unemployment rate and unemployment duration increase, as does
the labour market tightness. Figure A.3 shows that the labour market transitions compared
to Figure 5 increase. Fewer vacancies are created than in the case without a carbon tax:
the investment costs stay the same, but the return on the investment decreases due to the
shorter productivity of the vintage (the additional costs for older machines due to the carbon
tax). There are thus large labour market implications of the carbon tax in this setup, taking
into account the labour market frictions and imperfect skill sorting.

Table 5: Resulting BGP for main calibration with carbon tax of c = 0.02.

u v unemployment vacancy λ
v

a∗ a∗CE
∫ a∗
0
ag̃(a)da

duration duration

0.08 0.01 7.5 months 3 weeks 14.6 10.5 8.6 2.8
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Figure 8: Effect of a carbon tax on the maximum technology age in use, both in competitive
equilibrium and frictional labour market BGP.
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Figure 8 presents the scrapping age, a∗, along with the frictionless scrapping age, a∗CE,
against the technological growth or energy efficiency parameter η. The blue lines, represent-
ing the case without a carbon tax, are the same as in the left panel of Figure 4. When a
carbon tax is applied, shown by the black lines, both scrapping ages reduce. The carbon tax
adds a cost to producing with an older technology, thus incentivising firms to update earlier.
It is important to note, though, that the carbon tax acts on the total production output
and, thus, does not directly act on the search and matching effects of the scrapping age.

The role of retraining As we discuss in Section 3.3, retraining acts in a way equivalent
to a reduction in the specialisation of jobs and therefore reduces the skill mismatch effect.
At the same time, as seen in Figure 5 it also reduces labour market transitions, as employers
can opt for retraining instead of looking for a new worker when updating their technology.

The latter is important when accounting for another externality present in the green
transition: labour market transitions have a personal cost (beyond income loss during un-
employment) to fired workers that leads to decreased political acceptability of climate policy
(Vona, 2019). This reduces the effectiveness of climate policies and weakens the case for fur-
ther interventions. To address this concern, many policy initiatives have been developed to
address socio-economic inequalities that may arise during the green transition. An example
from the U.S. is New York’s Clean Climate Careers Initiative, providing funds to train and
prepare workers for jobs in the clean energy economy or the Just Transition Fund of the
European Commission, allocated to regions in the EU that are expected to be negatively
affected by the transition.

As such, the case for policies increasing incentives for retraining (such as retraining
subsidies) is twofold: it accelerates green technology adoption by reducing the skill mismatch
effect, and it reduces the firings externality. In the absence of an enforced carbon tax
the marginal cost for the government of providing capital subsidies in accelerating green
technology adoption and reducing emissions might become rather high. As a result, shifting
part of the resources towards retraining subsidies instead can results in a more cost-effective
policy, in case the reduction of the skill mismatch effect is large enough. At the same
time, even in the presence of a carbon tax that forces polluters to internalise the cost of
emissions, retraining subsidies have a role in reducing the firings externality. The increase of
unemployment, its duration and labour market transitions can be counteracted by retraining
and reducing the skills mismatch effect.

5 Conclusion

In this paper we explore the role of skill heterogeneity in the diffusion of green technologies
in a labour market with search frictions. In our model, firms decide on investing in new,
more energy efficient technologies, embodied in capital. The green transition is thought of
as a large technological transformation where new technologies, which require less energy
to produce than their predecessors, become available over time. Due to the sunk costs of
capital investment, firms do not however immediately update but continue to produce with
older technologies. In our model, which builds on Hornstein et al. (2007) and Gautier and
Teulings (2015), a second effect arises: skill mismatch (between the worker’s skills and the
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skills required to operate a certain technology) reduces the expected profitability of new,
green technologies and as a result old, energy-intensive technologies remain in use for longer.

We show that imperfect skill sorting slows down the adoption of green technologies. We
decompose the extended use of older, dirtier machines into three effects. The first, and
largest, is due to past technology investments being sunk (sunk investment effect). Firms
will only update their technology when the expected gain from that is larger than the sunk
cost of their new investment. This effect is well established in the literature. The other
effects arise from the need of firms to look for new workers when updating their technologies
due to their different skill requirements compared to the old ones. The second effect is due to
the cost searching for a worker in labour markets with frictions (search effect). This increases
the expected cost of technology updating, prolonging the usage of older technologies. The
third effect is due to the cost of having to search for a worker again, in case the first did not
have the correct skills to operate the technology of the firm (skill mismatch effect).

The extended use of dirtier technologies implies a higher energy-intensity in production,
reducing the ability of economies to reach their emission targets. Therefore, policy makers
should consider how the effectiveness of climate policy may be affected by imperfections in
the labour market, and include these considerations in ex-ante analyses of such policies.

Using our model, we also investigate various policy instruments. As expected, we find that
capital investment subsidies speed-up the updating of dirtier, older machines, by reducing
the sunk investment effect. Moreover, we show that carbon taxes are effective in promoting
green technology adoption. Both of these instruments, though, do not directly act upon the
labour market effects of our decomposition and can even worsen labour market results, for
example by inducing more firings.

As a result, our analysis indicates that a suitable policy mix should also include retraining
policies. These reduce the firings externality that arises from a faster green technology adop-
tion and, hence, the socio-economic implications of climate policies. Our results therefore
support the design of complimentary policies to standard climate policy that promote the
retraining of workers, such as the Just Transition Fund of the European Commission, New
York’s Clean Climate Careers Initative, aand Scotland’s Climate Emergency Skills Action
Plan 2020-2025.
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A Appendix

A.1 Proofs

A.1.1 Productivity match on balanced growth path

As the skill mismatch is constant over time, the derivation of the growth rate on the balanced
growth path and the resulting match productivity is similar:

y(t, a, x) = f(x)z(t)k(t, a)ω

= f(x)z0e
ψt
[
k0e

η(t−a)e−δa
]ω (A.1)

Rewriting, assuming that k0 = 1 and z0 = 1:

y(t, a, x) = e(ψ+ηω)te−(ηω+δω)af(x) (A.2)
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Thus, setting g = ψ + ηω and ϕ = ω(η + δ):

y(t, a, x) = egte−ϕaf(x) (A.3)

Since we study the balanced growth path, we can divide by egt and obtain the stationary
output, that is equivalent to Equation (2):

y(a, x) = e−ϕaf(x) (A.4)

A.1.2 Ageing of technologies

For the equilibrium inflow outflow equations, we need to compute the flow of ageing matched
technologies beyond a. The infinitesimal flow of ageing technologies over a period dt gives

dAgeing(a) = (1− u)

[∫ x(a)

0

g(a, y)dy

]
da

⇒ dAgeing(a)

dt
= (1− u)

dG̃(a)

da
= (1− u)g̃(a),

(A.5)

where, going to the second equality we used that da/dt = 1 and the definition of G̃(a) in
Equation (13). Similarly the rate of ageing vacancy technologies is given by vm(a).

A.1.3 Endogenous destruction of matches

The outflow due to endogenous destruction occurs as technologies get older and thus less
productive. The infinitesimal flow over a period dt is, similarly to (A.5), given by

dEndogenous Destruction(a) = −(1− u)

∫ a

0

g(b, x(b))
dx(b)

db
dbda

⇒ E(a) =
dEndogenous Destruction(a)

dt
/(1− u) = −

∫ a

0

g(b, x(b))
dx(b)

db
db

⇒ e(a) =
dE(a)

da
= − g̃(a)

x(a)

dx(a)

da
.

(A.6)

A.1.4 Competitive equilibrium

We compare the frictional equilibrium with the benchmark frictionless competitive equilib-
rium (CE). In the absence of labour market frictions, perfect skill sorting occurs instan-
taneously, and firms match costlessly with their optimal worker. The profit function of a
perfectly competitive firm is given by

π(w) =

∫ a∗CE

0

e−ρa
(
e−ϕa − w

)
da. (A.7)

Similarly to Hornstein et al. (2007), all workers receive the same wage, w = e−ϕa
∗
CE , equal

to the marginal product of labour when using the oldest in-use technology. The compet-
itive equilibrium scrapping age, a∗CE, is such that expected profits from purchasing a new
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technology equal the investment costs

I =

∫ a∗CE

0

e−(ρ+ϕ)a
[
1− e−ϕ(a

∗
CE−a)] da. (A.8)

A.2 Additional figures
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Figure A.1: The average unemployment duration for various groups of countries over time
(left) and the unemployment rate for ages 15-64 over time (right), Source: OECD.

A.3 Solving the model numerically

First, from equation (5) we have that

ρV U = ρV E(a, x(a)) = w(a, x(a)), (A.9)

where in going to the last equality equation (3) is used. This defines the reservation skills
gap as a function of the technology age, x(a), and the reservation wage w(a) = w(a, x(a)) =
y(a, x(a)) = y(a(x), x).

We, therefore, have that

ρV U = e−ϕa(x)
[
1− 1

2
γx2

]
⇒ x(a) =

√
2

γ

(√
1− ρV Ueϕa

)
and a(x) = −1

ϕ
ln

[
ρV U

1− 1
2
γx2

]
.

(A.10)
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Figure A.2: The average age of assets, split up into non-energy intensive and energy-intensive
sectors.
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Figure A.3: In- and outflow of employment along BGP for the main calibration and the
carbon tax calibration, for various values of η.
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If for some a, x(a) > 1/2, it is replaced by x(a) = 1/2.
Second, from the free entry equation (8) we have that

vρI = 2λ

∫ x∗

0

[
V J(0, y)− I

]
dy + V V

a (0). (A.11)

Next, the value functions can be re-written in terms of the surplus function

S(a, x) : = V J(a, x) + V E(a, x)− V V (a)− V U

=
1

1− β

[
V J(a, x)− V V (a)

]
=

1

β

[
V E(a, x)− V U

]
,

(A.12)

where the second line follows from Equation (10). Subtracting Equation (7) from Equa-
tion (6) and Equation (4) from Equation (3), then adding them, and using Equation (A.12)
gives

(ρ+ σ)S(a, x) = y(a, x)− 2λ

v
(1− β)

∫ x(a)

0

S(a, y)dy + Sa(a, x)− ρV U . (A.13)

Next, we use the fact that at the oldest technology age in production, the match surplus is
zero

S(ā(0), 0) = 0, (A.14)

and numerical backward approximation, to obtain a solution for S(a, x). Figure A.4 depicts
the numerical approximation of the surplus.

Stationary distributions Evaluating Equation (17) at a∗ gives the unemployment rate
at the BGP

u = 1− λF̃ (a∗)

σ + g̃(a∗) + E(a∗)
. (A.15)

On the BGP, the distributions are constant. We solve for g̃(a) by combining Equations 15
and 17

dg̃(a)

da
= −

[
2λx(a)

v
+ σ − 1

x(a)

dx(a)

da

]
g̃(a) +

2λx(a)

1− u
m(0) (A.16)

This g̃(a) solution is estimated numerically and is used to also obtain m(a), F̃ (a), and
E(a).

A.4 Extensions

In this section we extend the model presented in Section 2 to account for more ways in
which green technology adoption can interact with frictions: worker retainment, worker
retraining, aggregate skill shortages and skill-biased technical change. As such, the model
can also describe the interaction between technological transformations and skill mismatches
in general, and not only for the green transition.
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Figure A.4: Numerical solution of the surplus flow value function S(a, x).

A.4.1 Worker Retainment

In the baseline model of Section 2, firms that scrap their technology let their worker go
and exit the market. New firms, then, enter the market by investing in the new technology.
Thus, a feature of reality that the baseline model does not capture is that firms often retain
their workers when investing in new technologies and, sometimes, retrain them to be able to
operate it. Hence, in this extension, we allow firms to retain their incumbent worker, observe
the skills gap between them and the new technology, and then decide whether they should
keep them or let them go and look for a new one.

Timing Given that the retainment of a worker reduces the cost of updating their technol-
ogy, firms can opt for updating earlier than in our baseline model, namely at age ã(x). The
timing of this process for the firm is as follows:

1. Scrap old technology at age ã(x).

2. Invest I for the new available technology.

3. Observe skills gap, x, between retained worker and new technology.

4. If skills gap is not too large, x < x(0) = x∗, start producing. Otherwise, search for a
new worker.

Value functions The value of a firm that has updated its technology but has not retained
a worker equals V F

O = V V (0). The value of a firm that updated their technology while
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retaining their worker is given by

V F
W =

∫ 1/2

0

max
{
V J(x, 0), V V (0)

}
2dx

=

∫ x∗

0

V J(x, 0)2dx+ (1− 2x∗)V V (0) > V V (0).

(A.17)

The first line indicates that the value of such a firm is the expected value of a filled job or a
vacancy, depending on the skills gap of the incumbent worker with the new technology. This
is larger that the value of a new vacancy, indicating that firms have an incentive to retain
their worker.

Given that on the BGP not all firms retain a worker (some scrap their technology while
not matched with a worker), there are new entrant firms in the market. Hence, the free
entry condition still reads V V (0) = I. Therefore, updating firms that retain their worker
have positive expected gains V F

W − I > 0. This means that they will choose to update their
technology at an age earlier than a∗, at which the job value is zero, V V (a∗) = 0.7 Namely,
they will update their technology, while retaining a worker, at the age ã(x) when the value
of the filled job equals the expected gains from updating

V J(ã(x), x) = V F
W − I. (A.18)

Given that updating does not yield additional gains (as the value of the filled job destroyed
equals the expected profits) the value function of a filled job and of employment remain
unchanged from those in Section 2.

Distributions Given that firms retain workers that have already worked in the firm for a
while, we model such updates to occur only for firms that have an existing match.8 Therefore,
new matches are only formed within Ω = {x < x(a)} ∩ {x < x̃(a)}, i.e. it must be both
profitable to produce and to not have the incentive to update the technology straight away.

Figure A.5 presents schematically the area Ω in which matches can exist, where ã = ã(0)
is the maximum age of a technology in use. a† is the age at which updating with retainment
starts occurring, defined by x(a†) = x̃(a†).9

As in Section 2, f(a, x) and g(a, x) are the distributions of the per-period meetings and
the existing worker-firm matches. As meetings are random in this extension as well, we have
that

f(a, x) = m(a) · 2, Supf = {0 ≤ a ≤ ã} × {0 ≤ x ≤ 1/2}. (A.19)

Similarly, in a meeting, workers still accept all offers below the maximum skills gap. Retained
workers are also matched with a new technology with random skills requirements. Hence,

7At that point they update their technology because this equals their expected gains from updating,
V V (a∗) = V V (0)− I = 0

8I.e. firms with a vacancy cannot meet a worker and, then, directly retain them to update their technology.
Intuitively, even though not modelled, firms retain workers also because of firm-specific human capital, which
the worker acquires after working for some time in the firm.

9Similarly to x(a), x̃(a) is the inverse of ã(x).
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Figure A.5: The area of the x− a phase space that matches can exist.

for a given age the distribution of matches is uniform:

g(a, x) =

{
g̃(a) · 1

x(a)
, {0 ≤ a ≤ a†, 0 ≤ x ≤ x(a)}

g̃(a) · 1
x̃(a)

, {a† ≤ a ≤ ã, 0 ≤ x ≤ x̃(a)},
(A.20)

where g̃(a) is the technology age distribution of matches.

As before, F̃ (a) denotes the share of meetings each period that lead to a match with

technology age below a, and G̃(a) the share of existing matches with technology age below
a

F̃ (a) =


∫ a
0

[∫ x(b)
0

f(b, x)dx
]
db, 0 ≤ a ≤ a†

F̃ (a†) +
∫ a
a†

[∫ x̃(b)
0

f(b, x)dx
]
db, a† < a ≤ ã

,

G̃(a) =


∫ a
0

[∫ x(b)
0

g(b, x)dx
]
db, 0 ≤ a ≤ a†

G̃(a†) +
∫ a
a†

[∫ x̃(b)
0

g(b, x)dx
]
db, a† < a ≤ ã

.

(A.21)

The corresponding density function of G̃ is g̃ and of F̃ is given by

f̃(a) =
dF̃ (a)

da
=

{
2m(a)x(a), 0 ≤ a < a†

2m(a)x̃(a), a† < a < ã
. (A.22)

Inflow-outflow equations The inflow-ouflow equation of technologies-in-use in the mar-
ket, with age below a, now reads

vm(0) + (1− u)g̃(0) = vm(a) + (1− u) [g̃(a) +OU(a)] , 0 < a < ã,

where OU(a) =

{
0, 0 ≤ a < a†

−
∫ a
a†

g̃(a)
x̃(a)

dx̃(a)
da

, a† < a < ã
.

(A.23)
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This includes two extra terms compared to Equation (15). The first is the second term of
the left-hand-side, which denotes that at time zero there are some existing matches, namely
the firms that retained their worker, updated their technology, and the worker had the right
skills to operate it. The updated technologies where the retained worker did not have the
required skills are included in the first term of the left-hand-side.

The second is the last term of the right-hand-side, which denotes the outflow of tech-
nologies in use below the age of a due to technology updating. Algebraically, it is similar
to the endogenous destruction term in Equation (17), as it is given by the number of firms
reaching a boundary line, this time ã(x). Given that the left hand side includes all updated
technologies from retained workers, this term denotes those that had a technology in use
below a, so that the total inflow of new technologies is only given by those that update and
retain at an age above a.

Given that the matches at a = 0 come from firms updating their technology, retaining
their workers, and realising that the skills gap between the two is not too large, we have that

g̃(0) = OU(ã)2x∗. (A.24)

Similarly, the inflow-outflow equation for matches with a technology age below a reads

λF̃ (a) + (1− u)g̃(0) =

(1− u)
[
σG̃(a) + g̃(a) + E(a)

]
, 0 ≤ a < a†

(1− u)
[
σG̃(a) + g̃(a) + E(a†) +OU(a)

]
, a† < a < ã

, (A.25)

where, again, the second term of the left-hand-side denotes the inflow of matches due to
updating and retaining a worker with the right skills for the new technology. The last term
of the right-hand-side is also different compared to Equation (17). For a < a† there is only
outflow of matches due to endogenous destructions, similarly to the baseline model. For
a > a†, though, there is outflow due to updating.

A.4.2 Retraining all workers

Worker retraining is a policy that can directly affect the mismatch in production. For
simplicity of exposition we consider here the retraining of all workers in new matches. Within
our framework, this can be represented as a percent decrease of the skill mismatch, quantified
by the retraining parameter ζ

y(a, x) = e−ϕa
[
1− 1

2
ζγx2

]
.

This is equivalent to a reduction of the specialization of jobs by a factor ζ. As seen in
Figure 4 and Figure 5 , a reduction in the level of specialization shrinks the matching effect
on the scrapping age, reducing the frontier distance. At the same time, it reduces labour
market transitions, as the matching process becomes more efficient. A more realistic treat-
ment of retraining would consider the retraining only of workers with marginal skills gap
around the reservation skill gap. That would also, though, be equivalent to a reduction in
the specialization of the job.
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A.4.3 Aggregate Skill Shortage & Skill-Biased Technical Change

As discussed in 1, skill sorting is expected to play a major role in the green transition.
Aggregate skill shortage, although ignored in the baseline model, can give rise to a larger
total mismatch effect. We, thus, generalise our baseline model to be able to describe such a
process. The model allows the interpretation of x to include not only gaps in skills per se,
but also other mismatches that reduce production, such as spatial mismatch. This extension,
therefore can also account for spatial mismatches of skill supply and demand.

In the baseline model skills are uniformly distributed over the unit circle and therefore
the skills gap x ∼ U [0, 1/2]. In the presence of aggregate skill shortage the distributions of
workers’ skills and firms’ skill requirements differ. To capture this, we assume that

x ∼ Xκ, E[Xκ] > 1/4. (A.26)

where κ is a parameter that controls the skewness of the distribution. The requirement
E[Xκ] > 1/4 indicated that the average mismatch is larger than in the uniform baseline
case, due to the presence of aggregate skill shortage.

The rest of the equations from Section 2 remain the same, with the only difference that
the distributions are given by

f(a, x) = m(a) · fXκ(x),

g(a, x) = g̃(a) · fXκ(x|x < x(a)),
(A.27)

where fXκ(x) is the distribution of Xκ and fXκ(x|x < x(a)) its truncated distribution.
The presence of skill shortage increases the effect of skill mismatches in delaying technol-

ogy diffusion. It adds one more effect, the shortage effect, to the decomposition in Figure 4,
by splitting the sunk cost effect in two parts. That is because our calibration identifies the
sunk cost effect as the delay in the technology adoption in the absence of labour market fric-
tions. Skill shortage, though, has an effect independently of frictions as well. Figure A.6 is a
schematic representation of the four effects in the presence of aggregate skill shortage. The
search and mismatch effect remain the same, whereas the total effect of skill heterogeneity
increases when the effect of shortage is also taken into account.

In order to calibrate such a model one needs to separately identify skill shortage and skill
sorting. Hence, letting Y be aggregate production, we define them as follows:

• Aggregate skills shortage is the output loss due to mismatch in the absence of labour
market frictions: limλ0→∞ [Yκ − Yκ→0]

• Imperfect Skill Sorting is the output loss due to mismatch in the absence of aggregate
skill shortage: limκ→0 [Yγ − Yγ→0].

Finally, allowing the parameter κ to vary with time indicates a scenario where aggregate
skill shortage changes over time, meaning that new technologies require more and more
different skills than the old ones. Therefore, skill-biased technical change is described by an
increasing κt.
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Figure A.6: A schematic representation of the decomposition of the scrapping age of tech-
nologies in the presence of aggregate skill shortage.
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